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SUMMARY

The purpose of this research was to determine a rational basis
for interpretation of the aerodynamic force characteristics of helicopter
rotors. The approach consisted of three elements. The first was the
pe - iliel development of series expressions for: flight measurements of
rotor differential pressure distributions; corr:sponding two-dimensional
wind-tunnel pressure distributions for the sa:ne airfoil geometry; and
theoretical pressure distributions for the two-dimensional airfeil, Second,
there was a comparison between pressure differential distribution compo-
nents determined from flight measurements ¢nd pressure distribution
components computed by an approximate, unsteady, three-dimensional
theory developed previously at CAL for the U, 8, Army, Third, the sen-
sitivity of the airfoil drag characteristics to variations in the pressure
differential distributions was investigated on the basis of two-dimensional
steady boundary layer theory,

The fundamental technique employed was a curve-{itting process
based on an expansion of the pressure distributions in terms of Glauert
coefficients, Available flight measurements of pressure distributions for
the UH-1A rotor at advance ratios of p =0, p =0,08, and & = 0. 26,
and the H-34 rotor at advance ratios of 4 = 0.18 and & = 0.29 were
used in the analyses., Corresponding wind-tunnel measurements on two-
dimensional NACA 0015 and 0012 airfoils were also reduced to Glauert
form, There is only one coefficient in the theoretical representation of
the differential pressures because these two-dimensional aifoils are sym-
metrical., Induced camber effects arising in the available finite span
theory were much smaller than the values deduced from meastred blade
pressure differentials,

Glauert coefficients derived from the measured rotor pressure
differentials had many of the characteristics of the Glauert coefficients
derived from measured two-dimensional pressure distributions, They
also differed, partly because of the lack of a good quantitative measure of
angle of attack (which greatly influences the viscous effects). It was
found that the viscous effects evident in the two-dimensional data could
also be seen in the rotor data, It is postulated that these viscous effects
probably account for a large part of the differences observed between the
theoretical predictions and experimental measurements of the rotor
pressure differential components,

Calculated drag coefficient distributions (based on differential

pressure measurements) exhibited a characteristic rise on the retreating
side of the rotor disk.
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FOREWORD

The technical effort reported herein was conducted
at Cornell Aeronautical Laboratory, Inc., during the period
April 1969 to April 1970. Dr. Chee Tung was the project
engineer. The program was sponsored by the U,S.Army
Aviation Materiel Laboratories and was administered by
Messrs. John Shipley and William Yeager, The authority
for this effort was Task 1F162204A14231.
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INTRODUCTION

Expansion of the flight envelope of the helicopter (and of air-
craft that are helicopter derivatives) is proceeding at a rapid rate,
Nearly all the performance gain, however, has come about through the
application of additional power or through configurational changes that
minimize the role of the rotor in the high-speed flight range. Dynamic
problems (fatigue of rotating components, shaking forces transmitted to
the fuselage, etc.) remain, Concurrent with this performance growth
have been research efforts devoted to aerodynamic models which retain
some part of the rotor wake effects and blade dynamic motion effects on
air loadings. However, both performance predictions and blade dynamic
response predicfions still are based largely on some empirical represen-
tation of local airfoil characteristics; in fact, measured two-dimensional
section characteristics are often assigned, It is generally believed that
the use of two-dimensional airfoil characteristics can introduce sizable
errors in the estimation of rotor performance--particularly in the esti-
mate of the power required. Consequently, empirical correction factors
derived from performance tests are incorporated,

In recognition of these deficiencies of knowledge, the U, S,
Army Aviation Materiel Laboratories (USAAVLABS) initiated a coordinated
experimental and theoretical research program on helicopter blade loads
(and stresses) several years ago. In-flight measurement of chordwise
time-varying blade pressure distributions (using the H-34 and UH-1A)
was the major experimental effort; Cornell Aeronautical Laboratory, Inc.,
{CAL) participated in the overall program as a contractor developing
theoretical prediction techniques. A major advance was made in that
accurate data were accumulated, and good agreement was obtained
between measured and theoretical time histories of section lift (References
1 and 2).

Initially, emphasis in the measurement program was placed on
the rotor-blade lift distribution; pressure tap locations and data reduction
methods were specifically tailored to minimize the errors in the lift deter-
mination, No attempt was made to obtain the aerodynamic pitching
moments from the experimental data and, of course, no direct indication
of section drag was obtained, Extraction of additional information from
the available measured differential pressure distributions was the intent
of the effort reported herein,

The specific purposes of the present research are (1) to test in
detail the current assumption that the rotor-blade sections experience
pressure distributions similar to those measured on an isolated two-
dimensional airfoil, with the same cross section, in a steady wind stream;
(2) to compare the components of the measured pressure distribution with
those predicted by the most refined rotor-blade aerodynamic theory which
is readily available; and (3) to estimate the profile drag of rotor-blade
elements from the measured differential pressures on rotor-blade sections.
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The measurements are used in conjunction with available theoretical
teciiniques to achieve the goals listed above. The central technique is

the decomposition of the pressure distribution into components so that
quantitative comparisons can be made, for example, between flight
measurements on blades and two-dimensional wind-tunnel data, Pressure
measurements also were used to estimate local velocity components and
these, in turn, were employed to estimate profile drag. Drag is the
performance quantity that is most sensitive to the details of the pressure
distribution, It must be admitted that the present attack is speculative in
the sense that the data available are limited and that one of the items of
great interest¢, the drag, was not meacured dixsctly in the rotor blade tests,

There are limitations on the informaticn that can be derived
from the measured rotor pressure differentials, For example, the
Reynolds numbers and Mach numbers are not independent, these being
related to the radial position of the section on the blade. Certain flow
phenomena are practically inseparable with respect to their effects on
the differential pressure distribution., For example, the induced velocity
distribution, compressibility effects, angle of attack, structural distor-
tion, and the distortion of the flow about the blade section due to boundary-
layer growth can all affect one or more of the pressure distribution
components in the same way and it would, indeed, be difficult to separate

these effects.

The discussions that follow are presented in the context of
incompressible flow. However, a simple Prandtl-Glauert transformation
is introduced where necessary to correct for compressibility, Such a
correction (for the static case in which the geometry of the surface is
fixed) merely scales all the terms of the pressure distribution expansion

by (1- M2)*,

The accuracy of the experimental data, anrd the limitation
imposed by the number of points at which the differential pressures were
measured, influence the accuracy that can be obtained in the decomposi-
tion of the pressure differentials, Care has been exercised in an attempt
to avoid the assignment of significance to fictitious pressure distribution
components. An error analysis was made to determine at what point the
experimental errors can introduce 2 distorted view of the components of
the pressure distribution,

The above reservations do not invalidate the present approach,
They have been introduced since many of these factors reflect the diffi-
culties inherent in obtaining the measurement per se rather than a lack
of understanding of the underlying physical phenomena. Some aspects,
however, are still beyond the state of the art; e, g,, treatment of dynamic
stall and compressibility effects in regicns of strongspanwise pressure
gradients,
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STATIC ANALYSIS OF PRESSURE DISTRIBUTIONS

THEORETICAL TWO-DIMENSIONAL PRESSURE DISTRIBUTIONS

In linearized two-dimensional airfoil theory, the pressure
distributions due to thickness, angle of attack, and camber can be calcu-
lated separately. The lift and the moment arise only from angle of attack
and camber because the pressures on the upper and lower surfaces duve to
the thickness cancel. The relationships between the circulation, lift,
moment, angle of attack, and camber effects will be expressed in terms
of so-called "Glauert Series' (Reference 3),

Let the airfoil reference chord be located on an axis designated
the X-axis, with the leading edge at -b and the trailing edge at +b, where
b is the half chord. Let X = -bcos @ (Figure 2); then the local bound
vorticity strength, 4 (8 ¢) , can be expressed in the Glauert Series as

6 = . (1)
10,t) = 2 [H,,(t) cot = + ) A,(t) s ne]

net

where, in general, the coefficients are functions of time, and the steady
two-dimensional airfoil problem is a special case. The total circulation
on the airfoil is given by

b
r=[7@,t dx (2)
J
Thus,

I'= 2mo (A,+ -ZLH') (3)

The chordwise distribution of the pressure difference is given by the
following form of the linearized Bernoulli equation for unsteady flow;

2 z
Ap(xt) = @ [v, T t)+ E;J/ZI(S',t)d %’]
-b
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where @ = air density, V, =free-stream velocity at infinity, The pres-
sure differential can be expressed in terms of the Glauert coefficients by
substituting (1) into (4). This result is

Ap(B,t) = 20V, [ﬁ, cot -"224-%.::’14,‘ sin nG‘]

1§ 1 ' |
P38 % (Auir i) sin 6]

The airfoil unsteady lift and pitching moment about the midchord per unit
span can also be expressed in terms of CGlauert coefficients by the substi-

i
tution of (5) into the fellowing expressions: i
., !
L o= f Ap(x) d ;
b
" i
M =—/xA4a(z)d7c :
-b
Thus, ,

b8 i
Ao+ 53 2 (38,4 ¢ a“a)] ©

_ 2 1 b 9 3 !
M-TrgbV[H+—a-nz--271§(ﬁ,+‘4—a,':;ns)] (7)

It is observed that the lift depends only on A, and A, for the
steady case and on H, , R, , and ﬂz for the unsteady case, The moment
depends on A, and A, for the steady caseand A, , A, , A,,and A,
for the unsteady case, The physical meaning of A, and A, in thin air- '
foil theory is that the lift contribution frorn the A, term is equivalent to
the lift of a flat plate at a given angle of attack, and the A, term is equiva-
lent to the lift due to camber where the camber line chord is at zero angle
of attack. A, corresponds to the pitching m: ment at zero angle of attack.

It has been shown in Reference 3 that the steady Glauert
coefficients A; are related to the camber line function Ye and angle
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of attack oL, 1.e.,

!T
_ I [ dye (8)
H‘, - d + 1‘7‘ A ﬁ' d.G‘
2 7d (9)
RYL = F[ -(—:% cos n @ d & .

The effect of the presence of any deflected trailing edge tabs (Figure 2)
has also been shown to be (Reference 3)

C,_‘=C,_+a§(7+sinq) (10)

vrhere ; , L . L
L N DT = z
© LoVb) ‘o Feveb

g = angle of deflected trailing edge tabs
(positive downward)

= the transformed angular position through
which the tab is rotated.

Equation (10) may be rearranged as

' . 1 [
¢ = 2m(A'+ 5A4) (11)
with go' = d"'%rl
2 stn
P il
1 1

To take into account the compressibility of the air, a simple Prandtl-
Glauert transformation can be introduced, Such a correction, for the
steady case in which the geometry of the surface is fixed, merely scales
all the terras of the pressure distribution by 7/9/1-M_,  where M, is the




Mach number in the free-stream, This transformation will not hold for
the unsteady case,

The linearized theory predicts an infinite pressure differential
at the leading edge of a flat plate of zero thickness. It can be seen in
Equation (5) that as & approaches zero (the leading edge), the first
term in the Glauert series approaches infinity. This reflects the inability
of the linearized theory to describe the large flow angle change (almost
3600°) at the leading edge of a sharp flat plate (leading edge radius = 0).
The NACA 0012 and 0015 airfoils have finite leading edge radii and finite
pressure differentials,

Based on the above discussions, the steady Glauert coefficients
for the NACA 0012 (Reference 4) and 0015 (Reference 5) airfoils may be
computed by using Equations (8), (9), and (11). It is noticed that the
NACA 0012 and 0015 airfoils are symmetric and, therefore, the camber
line function ¥y, = 0. Table I shows the leading coefficient A, in the
Glauert series for the NACA 0Cl12 airfoil at various angles of attack,
Table II shows both A, and A, for the same airfoil as Table I but with
3 degrees of flap deflection upward at trailing edge. The A, sfor the NACA
0015 airfoil at different angles of attack are tabulated in Table IIl, The
effects of compressibility and finite leading edge radius are included in
all the tables. The analyses in References 6 and 7 were used to calcu-
late the effects of thickness, finite leading edge radius, and finite trailing
edge angle, Zero angle of attack data are snown on Figures 3 and 4 and
are discussed in a later section,

MEASURED TWO-DIMENSIONAL PRESSURE DIFFERENTIALS (WIND-
TUNNEL DATA FOR NACA 0012 AND NACA 0015 AIRFOILS)

The two-dimensional pressure differential measurements for
\IACA 0012 and 0015 airfoils in a wind tunnel are reported in References
4 and 5, respectively, The ranges of angle of attack and Mach numbers
are indicated in Tables I, 1I, and III. Locations (in percent chord) of the
pressure taps aft of the leading edge are tabulated below,

NACA 0012 AIRFOIL (REFERENCE %)
TAP NO. 1 2 3 4 - 5 1 6 7 8 | 9

—- . + *‘ 4 l l
POSIT|0N
x/C

0.008/0.017]0. ouolo 0u5|o oso‘o 130;0. |08{0 2330.3350.500 |0.625|0.7690.915 | 0.960

HACA 0015 AIRFOIL (REFERENCE 5)

! ' ' |
mewo. ' 1 2 3 uwlsle J 7 ! 8 9 1inliztialwiis]e
Posl}éou‘ 025 0.05,0. |0 0.15{0.20! 2o|o 2510 3o|0 35{0 mlo 4)0.50}0.5510. so‘o 7010 so‘o 9o|
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Extraction of the Glauert coefficients from the measurements by means
of Equaticn {5) is subject to limitations such as the following:

1. With a finite number of pressure taps along the
chord of the airfoil section, it is impossible to
calculate all the Glauert coefficients in Equation
(1). The series must be truncated at some f{inite
number, N , less than or equal v the number of
taps.

2. The accuracy of the experimental results and
the numerical errors in the procedure for com-
puting the Glauert coefficients should be considered.

It may be reasonable to determine the accuracy of the rcading
at each pressure tap or the possible percentage error of that tap. Then,
the number, N , of terms to be retained in the series can be determined
such that the contributicn due to the(N+ 1)“" term in the Glauert series
at a given pressure tap is within the probable error. In other words, the
upper and lower bound can be established for each pressure tap depending
on the possible percentage error. From the experimental results, a
pressure differential curve can be drawn from the readings of the pressure
taps along with the upper and lower bounds of this pressure differential
curve (see Figure 5). The number N will be determined in such a fashion
that the first N terms of the Glauert series lie between the curves of the
uppe: and lower bounds, '

Unfortunately, the problem of accuracy for each pressure tap
has not been discussed in References 4 and 5, However, the pressure
differentials at each chordwise location measured at z2ro angle of attack
will provide useful information on the accuracy; for example, see the
experimental datz given by the first table on page 62 of Reference 5.
Theoretically, if the pressure tag measurements on the upper and lower
surfaces are all perfect, the measured pre:sure differentials should be
2qual to zero at zero angle of attack since the NACA 0015 airfoil is
symmetric. The values of the pressure differences provide an estimate
of the experimental accuracy. The concept of a so-called ''root mean
square value' may be borrowed from numerical analysis to define the
accuracy instead of the possible percentage error. The concept of
possible percentage error will be discussed in detail in the next section.

The root mean square value is defined as

rms
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where Aj: is the +™ pressure differential measured at zero angle of
attack,and K is the total number of differential pressure taps.

The root mean square values for References 4 and 5 at different
Mach numbers are tabulated respectively as follows:

NACA 0072 AIRFOIL (REFERENCE 4)

!
MACH NO.| oao 10.40 10.50 | oeo 065 070|075'080»
.o osu‘o oss‘o oealo 039 0. oumo ouo\o oss[o 063|

erms

NACA 0015 AIRFOIL (REFERENCE 5)
MACH 0./ 0. 40 'o 55 |0.60 [o 52520 650j0. e7slo .701]0.751) 0. 777*0 .805/0.83)

€ms |0 ozo,o oaolo ouno oslio 040, 0. ou2|o. ouslo 058| 0.0630.096 0,090

The €,,,, at Mach numbers other than these listed in the above table may
be estimated by interpolation.

Once €,,s is given, itis required that the error due to numeri-
cal computation should be smaller than the given €, . In other words,

L g - apy
€ = At 4

rms K rms

IN
n

where 4 ; is the 4" pressure differential by the Glauert series (see
Equation 5),

The method selected for computing the Glauert coefficients was
the "least-square polynomial approximation' This method has the advan-
tage of using all the given information from the pressure taps and of
providing the required results with a minimum effort in computation. The
details of this method are giver in Appendix I. The following example is
given to demonstrate the method.
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Airfoil type NACA 0015
Mach number 0.701
Angie of attack -2 degrees

Let n be the number of terms to be calculated in the Glauert
series by the method of 'least-square polynomial approximation'. One
obtains

n | 5 | 6 I 7 I 8 I ] |
€rms | 0.070 I 0.057 l 0.037 l 0.036 I 0.03! I

to compare with £.5s = 0.0476 (based on the pressure differentials at zero
angle of attack and Mach number 0,701). The implication of this example
is that if all the information of the pressure differentials is used to
compute the first five coefficients in the Glauert series, the root-mean-
square error between A and A p;is larger than the estimated rcot-mean-
square error due to the expenmental errors., When the first seven terms
are used, however, the 6 pms 1S smaller than €., as expected. Then,
the computation may be stopped at ™ = 7 for the present case, since no
useful information will be provided by the extra terms. It should be
pointed out that the value of " depends on €,,.  and will be different

for various €.

The results of the numerical computation for NACA 0012 and
0015 airfoils are presented in Tables IV through VIII, Only f,, A, ,and AR,
are presented, since lift and moment depend only on those coetticients
in steady-state condition,

MEASURED ROTOR PRESSURE DISTRIBUTICNS (FLIGHT DATA FOR

H-34 WITH NACA 0012 AIRFOIL AND UH-1A WITH NACA 0015 AIRFOIL)

The coefficients of the series representations of the measured
differential pressure distributions for the H-34 rotor blade with NACA
0012 airfoil (References 8 and 9) and the UH-1A rotor blade with NACA
0015 airfoil (Reference 10) have been computed for the following cases:
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H-3u UH-1A
ADYANCE RATIO
N 0.18, 0.29 0.0, 0.08, 0.26
RADIAL STATIOR
T 0.40, G.85, 0.90 0.40, 0.85, 0.%0

AZIMUTHAL ANGLE 0°, 30°, 60°, 90° 0°, 30°, 60°, 90°
v 120°, 150°, 180°, 210° | 120°, 186°, 180°, 210°
240, 270°, 300°, 330° | 240°, 270°, 300°, 330°

The positions of the pressure taps along the chord of each airfoil at
different radial stations are

TAP LOCATION, x/c
(H-34) 0.042 | 0.158 | 0,300 | 0.60C | 0.910
(UH-1A) | o0.040 |0.170 | 0.340 | 0.630 | 0.880 |

TAP LOCATIOR, x/c
{H-34) 0.017/0.040{0.090]0.1300.168|0.233j0.335}0.5600.625{5.755,2.216
(uH-1A) | 0.020|0.040{0.090]0.130|0.176[0.230]0.340}0.630|0.770|0.900

TAP LOCATION, x/c
(H-34) 0.017]0.090|0.168{0. 233|0.335]0.625/0.915
(uH=1A) | 0.020|0.090(0.170]0.230}0.34%010.630/0.900

Since the pressure distributions are given at different radial
and azimuthal stations at particular instants of time (for periodic motion
which has existed for a long time), a Glauert series representation may
be written as follows (compare with Equation (5)):

+ I Cn(q,m)sinne] (12)

nss

10

&
Ap (8,0, %) = 29\/,(5,11/&)[6001,'(/1)@7:-2- ,
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where the summation is truncated according to the number N of
pressure differential measurement stations,and the subscript £ and &
indicate the £” and %" position of r and ¥ , respectively.

The evaluation of the accuracy in reading the oscillograph
records or the pressure transducers has been discussed in References 8,
9,and 10,respectively, In References 8 and 9, the estimated accuracy of
each individual data point of the poorest records is + 5 percent with 99. 7
percent confidence, i.e., 99.7 percent of points have an error lcss than
+ 5 percent, It is stated in Reference 10 that overall errors in the tabu-
Iated daia of + 5 to + 7 percent are to be expected, but a set of figures for
pressure transducer calibration curves is alsc given in Reference 10. The
pressure differences between measured and computed data may then be
plotted tc indicate the accuracy of the computed data.

When the method of "least-square polynomial approximation' is
applied to compute the Glauert coefficients in Equation {12), the possible
percentage errors of + 5 percent are required for References 8 and 9,
while + 5 to + 7 percent are required for Reference 10, An example for
each case is given for demonstration,

The first case to be considered is the pressure differentials
measured at ¢ =0,18, r =0.90,and ¥ =0 degrees (Reference 8),

xlc [ap(1bfin?) |AP, o [ €pp (#) 8Py, | €pp, (¥) |6Py o | €pp (%)
0.017| 7.715 7.786 | 0.93 | 7.79 0.13 | 7.720 0.68
0.090| 3.981 a.739 | 6.09 | 3.548 3.47 1 3.925 , LIS
0.168| 2.858 2.869 | 3.77 | 2.9 2.65 | 2.950 2.22
0.233] 2.485 2.4 | 0.58 | 2.uu3 0.u9 | 2397 ]  2.3s
0.335| 1.741 1920 [ 10.30 | 1.826 4.89 | 1.744 1,49
0.625 | 0.635 0.6425 | 1.17 | 0.542 0.473 | 0.639 0.55
0.515| 0.042 | -0.515 | 222.61 | 0.108 | 1s5.24 | o.ou04|  3.87

where Aﬂ:_,: computed pressure differentials by using first n (= 3) terms
of Glauert series, and

Core ! Ap

= possible percentage error

ApﬁAf’

11
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From this table, the computed pressure differentials fall
inside the upper and lower bound of the measured pressure differentials
when n = 5, i.e., the first five terms of the Glauert series give a repre-
sentation of the measured data consistent with experimental accuracy.

The second case to be considered is the pressure differentials
measured at g =0.0, 7 = 0.85,and ¥ =0 degrees (Reference 10).
Figure 6 shows the difierence between compuied pressures and measured
pressures for different terms. When M = 7, the errors between computed
and measured pressures fall inside the curves given by + 7 percent,

The rest of the measured pressures are treated in the same
fashion to yield the first M terms of the Glauert series, The results
of C,JC.+ ~C) GJ{C+ 2C) ¢,/(C,+3C) for NACA 0012 and 0015 airfoils
are tabulated in Tables IX and X, respectively, The purpose of using

these nondimensional forms will be discussed in the next section,
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DYNAMIC ANALYSIS OF PRESSURE DISTRIBUTIONS

THEORETICAL UNSTEADY ROTOR PRESSURE DISTRIBUTIONS

The theoretical unsteady Glauert coefficients for the flight
conditions to be considered were calculated in Reference 1. The flight
conditions are: H-24 rotor blade (NACA 0012 airfoil) at |+ = 0,18 and
W =0.29, and UH-1A rotor blade (NACA 0015 airfoil) at p = 0,08 and
W = 0.26. Although details of the calculations are given in the cited
reference, the basic assumptions are repeated here to assist in the
interpretation of the computed unsteady Glauert coefficients, They are

1. The wake configuraticn can be adequately prescribed.

2. The spanwise blade slopes (e.g., coning, bending), and the
section angles of attack below stall are small.

3. The in-plane components of the induced velocities at the
tip-path plane are small and can be neglected.

4, Below stall, the lift-carve slope is constant.

5. The blade section circulation.is limited to a maximum
value for angles of attack at and above stall,

6. For angles of attack above stall, the blade section's
normal force is taken as the sum of the stall-iimited
circulatory force and a cross-flow drag force.

1. The Mach number and Reynolds number effects are
assumed to influence only the lift-curve slope,

8. The interference effects of the rotor hub, fuselage,
etc., are negligible.

The pressure distributions and Glauert coefficients are
related through Equation (5). The computed A;'s are presented in
Figures 7 through 18,

MEASURED ROTOR PRESSURE DISTRIBUTIONS

The Glauert coefficients, (. , for the measured rotor pressure
differentials have been calculated at a given set of radial and azimuthal
stations from Equation (12). The (;'s cannot be compared directly with
the A;'s obtained from Reference 1. However, the relationships between
the C;'s and A;’s can be established, First, it is noted that the rate of
change of azimuthal station is the shaft speed; i.e.,

13
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where (J = rotational speed of the rotor blade.
1f Equation (13) is substituted into Equation (5) with the aid of
the identity

e = 2(s[nG—;—5in28+§'-5in39—----) on -TM < @<

Equation (5) reduces to

Ape.y) = 29V, (A, cct—+ZH stn @)

n+t (14)
+20bu - [(n f1A)(] _%LE’L_ sinn0)+(A,+ 7 A,) sind

] g (AL sin o]

If the coefficients of like trigonometric fanctions are collected,
the following set of equatlons that relate the C ‘s of Equation (12) to the
R,'s of Equation (14) is obtained [by assuming Af’(e £) = Ap(C, ) for

per1od1c airloads].

c(y)= A(y)
b d 1
- ) = — = |3A) n,()+—-n<)]
il ELA AL £
(15)
b d 2“” (n ’n)+-'--n- +4, ]
C(l//‘) A(y/) r+usm% dl/’[ j. ' 2‘—{ y .;.4-1)
for 4 Zc
where 2 L
-

V = WR(F+psiny)

14

e

DL st < vt

SR S AR,

PR



e T A

h

LR

Once the C;’'s are given, then the A.'s can be found by solving
the set of simultaneous differential equations (Egquation {15})}. The solu-

tion to Equation (15) is straightforward if both (‘s and A, 'S are expanded
in Fourier series with respect to azimuthal angle ¥ , i, e.,

[

° b T n
C=C+ ] (C sinny +C cos ny)

net

(i6)

)
n

A H:+Z (F};sin ny + C:;Cos ny)

nrt

The number of terms N has to be truncated at some finite limit for
practical computational considerations. In the present analysis, n = 5 is
used since the lifts and moments are dependent on the first four Glauert
coefficients ( A,, A, , A,, and R; ). The process of substituting Equation
(16) into (15) and equating the coefficients of like trigonometric functions
again yields a set of algebraic equations {see Appendix II} which can be

solzd readily on a digital computer.”™ The results for the first three A,'S
are plotted in Figures 7 through 18,

>k’l"he Fourier expansion for C,sinyisa standard subroutine in
programming,

15



COMPARISON AND DISCUSSION OF
PRESSURE DISTRIBUTION COMPONENTS

It must be recalled for purposes of this discussion that a
particular mcthod of curve {fitting was used; namely, least-square fit,
Furthermore, it must be noted that the function representing the pressure
distributions were not all orthogonal--the angle-of.attack effect being
contained in a term ¢of7, which is not orthogonal with respect to the
rest of the Glauert series terms. The important aspect of this observation
is that a change of the number of points to be {it or of the number of terms
to be retained can produce a new set of coefficients?

The Glauert coefficient comparisons that follow will be grouped
in accordance with this order:

e Two-dirnensional theoretical compared to two-
dimensional measur~d coefficients; effects of viscosity

e H-34 pressure distributions as functions of
spanwise station

e Comparison of H-34 data at an advance ratio
of p =0.18 with data at & = 0,29

e UH-lA pressure distributions as functions of
spanwise station

] Comparison of UH~1A data at advance ratios of
g =0.08 with data at pw = 0,26

e Comparison of H-34 data with UH-1A data

o Comparison of two-dimensional data with rotor blade data

TWO-DIMENSIONAL RESULTS; EFFECTS OF VISCOSITY

Theoretical Glauert coefficients based on linearized analysis
for an inviscid fluid (Reference 3) are presented in Tables I, II,and III,
These are the coefficients representing the pressure differentials for the
steady flow case for the following configurations:

Table 1- NACA 0012, 0¢a <16 ,0.34/¢ 0.8

Tabie II- NACA 0012, 3° Negative Trailing Edge Flap,
0°¢er ¢ 165 0.3 £M, % c. 8

Table [I1 - NACA 0015, 2 ¢ o € 12°,0.3¢ /1< 0,84

*Each coefficient of an orthogonal series can be determined independently,
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Calculations contawned in Table II were carried out for the flap configure-
tion used on the outboard sections of the H-34 blades {Reference 9) and in
the two-dimensional wind-tunnel tests reported in Reference 4.

Within the limits of the linearized theory used, the pressure
differentials on the NACA 0012 and 0015 sections are the same (for the
same angle of attack, « , and Mach number, M, ) because they both have
zero camber, The corresponding theoretical pressure differentials have
only A, amplitudes (see Tables I and III). A deflected flap irtroduces an
effective camber and, consequently, an A, pressure differential compo-
nent and a shift in the angle of attack for zero lift. This accounts for the
differences between Tables I and IIL.

Results of least-squares fits to the pressure differential data
given in References 4 and 5 are shown in Tables IV through Vili. Compari-
sons of Table I with Table IV, Table II with Table VI, and Table III with
Table VIII immediately establish the lack of agreement beiween the theo-
retical and experimental values. One of the more striking differences is
the presence of large A, components in the experimental data.

The A; coefficient data of Tables IV thirough VIII were normalized
with respect to the sum ( A, + £ A, ) since this sum is proportional to the
net airfcil circulation, and the results are presented in Tables IV through
VIII as normalized quantities, A; . The lack ot coasistency noted in the
A; values leads to the tentative conclusion that important viscous and

compressibility effects may be present and, possibly, interactions between
these. No precise boundary separates the two effects.

It is well known that the viscous effect for a flow over a2 smooth
body will be confined to a very thin layer, the so-called boundary layer.
The flow outside the boundary layer is a potential flow over a slightly
different body which consists of the original airfoil and an additional
thickness distribution due to the viscous effect, The NACA 0012 and NACA
0015 airfoils are symmetric; i.e., they have no geometric camber.
However, viscous effects will modify the symmetry of those airfoils,
Thus, a camber line due to the viscous effect is induced and contributes
to the value of the A and higher Glauert terms observed in the two-
dimensional wind-tunnel data. As speed increases, the boundary layer
may change from laminar to turbulent. If the flow becomes turbulent,
boundary layer displacement will be much thicker than the laminar one.
If the flow separates, the boundary layer displacen:ent will also be
thicker. Both cases will increase the magnitude of A, .

An increase in free-stream velocity increases the local Mach
number for the profile until a zone of local supersonic flow has appeared
and shock waves occur. As a result of the very large adverse pressure
gradients imposed by the shock wave, the boundary layer thickens rapidly,
generally becomes turbulent, and often separates from the profile, thus
producing a large increase in the thickness of the wake. The change in
effective body shape usually acts to decrease the lift and increase the drag.
This coupling of the interaction between the shock wave and boundary layer

17



AT TR PO AV 7

S

L

presents a formidable problem (Reference 11),

Boundary layer separation may develep at the leading edge or
progress forward from the trailing edge. Leading edge separation will be
emphasized here. Types of leading edge separation occurring on airfoils
may be classified roughly as (1) separation with laminar reattachment, (2)
separation with turbulent reattachment, and (3) separaticn without reattach-
ment. As far as NACA 0012 and NACA 0015 airfoils are concerned, the
most likely type in the operating lift coefficient range is type (2). The
{flow over a sharply curved leading edge encounters a strong adverse pres-
sure gradient at high angle of attack. The flow cannot travel around the
bend without laminar separation taking place. After separation, transition
to turbulence occurs in the boundary layer somewhere downstream of
separation. Transport mechanisms associated with the turbulent layer
may cause reattachment. In between the separation and attachment points,
tnere is an enclosed bubble of air. The size of the bubble has been found
(Reference 12) to vary from a very small fraction of the chord to some-
thing comparable with the chord length, Airfoil thickness was found to be
a parameter, The tests in Reference 12 show that a thin wing at small
angle of attack develops a very small bubble near the leading edge. The
size of the bublie increases with angle of attack until it encompasses the
whole upper surface. For the moderately thicker wing, the bubble con-
tracted slightly up to a certain angle of attack; beyond this, the bubble
suddenly burst and caused an abrupt stall,

The presence of the air bubble and the boundary layer displace-
ment wiil change the effective shape of the airfoil profile, Size of the air
bubble and the thickness of boundary layer displacement depend on the
speed of the freestream. With these two points in mind, it is not sur-
prising that in Tables IV and VIII the 4 terms are dominant, Theoretically,
A, increases as both angle of attack and Mach number increase. However,
the results of using a least-square fit to the experimental data show that
the A, term of the NACA 0012 airfoil increases with angle of attack but
decreases with Mach number (see Table IV). The A, term of NACA 0015
airfoil is quite random with respect to angle of attack and Mach number,
No easily discernable patterns are apparent in Table VIIL

Lack of trends in the two-dimensional pressure distributions
will make’the rotor blade data obtained in flight difficult to interpret. It
1s worthwhile, therefore, to delve further into sources of the trouble. It
appears that the source of the scatter might be the method of testing, i.e.,
changes of speed introduce both Reynolds number and Mach number changes.
Turther, no wall corrections were made for the 0015 pressure data,

The effects of change in Reynolds number and/or angle of
attack ¢n the separation characteristics of a two-dimensional airfoil
can be estimated with the aid of a "Ville Plot" (Reference 13) such as
that shown in Figure 19

18
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Figure 19 shows the influence on leading edge separation of
the nondimensional leading edgé radius, £ , angle of attack, « , and
Reynolds number based on leading edge radius, R, . The effects of
compressibility are not displayed. The importance of this plot with
regard to the Glauert coefficients is that the effective shape and, hence,
the coefficients are changed as the operating point (speed, angle of
attack) is changed.

In essence, the study of the two-dimensional airfoil data by
the technique of developing Glauert coefficients, by least-squared curve
fitting, has revealed several unexpected aspects with respect to
the interpretation of the data, It will be seen that a similar situation
exists for the rotor data.

H-34 DATA AT ADVANCE RATIOOF u =0.18

Figures 7,8, and 9 show the first three nondimensionalized
Glauert coefficients for the H-34 flying at an advance ratio of . =0.18
at radial stations r/R = 0.40, 0.85, and0. 50, respectively. The theo-
retical curves identified by the short dashed lines were obtained from
Reference 1 , The solid line marked '"experimental data' corresponds
to the determination of the Glauert ccefficierts from pressure distribu-
tions for the unsteady case, thatis, the A. representation (Fquation (5)).
The (; coefficients (Equation (12)) are the straightiorward fitting of the
pressure distributions as though there were no unsteady effects,

The differences between the three curves could also be de-
scribed in the following manner: The theoretical data are based on the
assumption that the behavior of the airfoil sections is predominantly that
of a flat plate without boundary-layer growth, whereas the experimental
data contained the viscous effects and, of course, reflect the true environ-
ment for each section. The difference between the experimental fit for
the curve R, and the curves marked (; should represent the

v
unsteady effects.

Figure 7 shows the theoreticai and two experimental rep: esenta-~
tions of the nondimensiocnal pressure distributions for the H-34 at advance
ratio of 4 = 0,18 and at radius r/R = 0.40. It is immediately evident
that the theoretical predictions would indicate very small values for all
the coefficients except A, . This is not, however, borne out by the
experimental data, The experimental data show sizable values for
on the retreating side of t-e disc and sizable values of A, over virtually
all azimuthal positions. Furthermore, there appears to be an unsteady
effect on A; and A, on the retreating side of the disc; that is, for the
region 180° < ¥ < 3607 There is also an unsteady effect contributing
to A, around the complete azimuth.

Figures 8 and 9 show the azimuthal distribution of the coeffi-
cients at nondimensional radial stations r/R = 0,85 and 0. 90, respectively,
for this same flight condition. Again, the experimental data do not agree
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particularly well with the theoretical data for 5, and ﬁz; even the
A coefficients for the experimental data depart from the theoretical
coefficient values cn the advancing side of the disc. ™

The unsteady effects at these larger radial stations ( r/R =
0. 85 and 0. 90) appear to be considerably less than at the inboard station
r/R=0.4, as can be seen by comparing the differences between the
experimental A; coefficients and the experimental C. coefficients of
Figures 8 and 9 and those of Figure 7. The other change that
appears to occur with radial station is tnat A, and A; have large values
on the advancing side at the larger radial stations (Figures 8 and 9),
whereas these coefficients peak on the retreating side, as shown on
Figure 7, at the inboard station. This change wi‘h radial station may
simply be a manifestation of compressibility and tip effects dominating
on the advancing side at the outer radial station and the stall effect con-
tributing to the distortions of the pressure distribution at the inboard
radii,

H-34 AT ADVANCE RATIO w =10,29

The data for the H-34 at advance ratio of ¢ = 0,29 are shown in
Figures 10, 1l,and 12. At the most inboard radial station for this flight
condition (Figure 10), the excursion of the coefficients on the retreating
side is quite large, In fact, it was necessary to change the scale of
the ordinate on Figure 10 compared to the others in the set of Figures 7
through 12, The othar notable aspect about Figure 10 is the occurrence
of quite large negative values for A and C(, on the retreating side of
the disc. The coefficients A; and (, determined from the experiment
are also negative for part of the retreating side of the disc, Again the
vutboard sections exhibit appreximately the same characteristics as
those observed at the lower advance ratio; namely, unsteady effects .
are relatively small, and the experimental values deduced for A, and A,
are considerably larger than the corresponding analytic coefficients,

COMPARISON OF H-34 DATA AT AN ADVANCE RATIO OF 1 = 0,18
WITH DATA AT w =0.29

Strong similarities exist for the outboard sections of the H-34
at the two advance ratios investigated, The inboard section, on the other
hand, appears to have notable differences, This is best seen on the
retreating side of the azimuth,where the A, coefficients are of different
signs in the two cases and the A, ccefficients also differ iu sign over
a portion of the retreating side. Obviously, the proximity of the blade

* All three measures of the circulation--that is, theoretical (A, + 7 A ),
experimental ( A, + # A, ), and flight ( C, + ; C, )--are in reasonable
agreement and, hence, the azimuthal variation of lift is simismar, This
only suggests that the gross flow properties (e, g., local momentum) are
relatively insensitive to viscous and unsteady effects,
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section to the reverse flow region could introduce the change in observed
behavior. The tangential velocity at r/R = 0, 4 differs by a factor of two
for these advance ratios at’¥y" = 270 degrzes. The low velocities {about 70
ft/sec for p =0.29 and about 142 it/sec for u = 0.18) make the section
characteristics especially sensitive to inflow velocities that are locally
high, Consequently, the local angle of attack and the local variation

of the velscity over the chord could introduce the reversal of the camber
effect noted in the comparison of these two cases,

UH-1A PRESSURE DISTRIBUTIONS AS FUNCTIONS OF SPANWISE
STATION

The UH-1A data analyzed are shown in Figures 13, 14,and 15
for the case of u =0.08 and in Figures 16, 17,and 18 for w = 0.26.

_ _  Figure 13 displays the data at 4 =0.08 and r/R = 0,4. The
R, , A, , A, ,and corresponding C are relatively constant over the
azimuth except in the region from about ¥ = 150 degrees to about ¥ =
230 degrees._ That azimuthal region is characterized by a chenge in sign

in A and C and a sizable change in the value of the A, coefficient,

At radial stations r/R =_0.85 and 0. 90 (Figures 14 and 15,
respectively), it is seen that the A; and {; coefficients representing the
experimental data lie very close to each other and, hence, indicate that
the unsteady effects are small, The other item of interest in Figures 14
and 15 is that the experimental A, coefficients are relatively low com-
pared to the theoretical value and the A, and_ A, coefficients are quite
sizable,while the theoretical coefficients for A, and A, are virtually
zero, Returning again to Figure 13, it is noted that the agreement between
the theoretical and experimental data is reasonable for A, but has appre-
ciable errors in the A, and A, values. Again, the data at r/R = 0.4
indicate larger unsteady effects than do the data for the outboard stations.

The UH-1A data at w = 0,26 are shown in Figures 16, 17, and
18 at radial stations r/R = 0. 40, 0. 85,and 0. 30, respectively, Figure 16
shows that the A, component dominates on the advancing side_of the
blade; but on the retreating side (180° < I < 360°), both the A,
and A, coefficients become sizable. Here, again, the difference between
the f4; and C; coefficients indicates a substantial effect traceable to
unsteady aerodynamics. Figures 17 and 18 indicate sizable excursions in
all the measured coefficients at the outboard stations. Even the F-?o terms
vary over a range from about 0. 4 to a value somewhat greater than 1.0,
Therefore, the thecretical curves which are dominated by A, arein
disagreement with the experimental pressure distribution components,
The A, and A, coeificients _generally behave the same at /R =0, 85

and ¢, 90, and similerly the fi, coefficients are of the same type.”

%
Note the change in the scale on Figure 17,

24



COMPARISON OF UH-1A DATA AT ADVANCE RATIO . =0.08 WITH
DATA AT w=10.26

Data obtained at an advance ratio of a = 0,25 seem to have

larger excursions than the data obtained at .+ = 0,08 for the UH-1A rotor.

The shapes of the respective curves at /R = 0.85 and 0. 90 are roughly
similar,but the curves at r/R = 0, 40 have_ scme large differences.

In particular, for 240° < ¥+ < 360°, the A, , C , and A, Glauert
coefficients have different signs for the two advance ratios.

COMPARISON OF H-.34 DATA WITH UH-1A DATA

The outboard sections for the two helicopter blades at the
lower advance ratios have certain sirmilarities that can be seen by com-
paring Figure 9 with Figure 15. However, the meoere inboard stations
become less and less similar, although the excursions remzin roughly
comparable. At the higher advance ratios, the azimuthal signatures
appear to be quite different except for the very low frequency content.

COMPARISON OF TWO-DIMENSIONAL AIRFOIL DATA WITH ROTOR
DATA

It is clear from the previous discussion of the results that the
Glauert coefficient representation of pressure differentials is a sensitive
indicator of the shape of the distribution. Further, strong azimuthal and
radial dependencies are indicated in Figures 7 through 18, This point
is further reinforced by the '"hovering' data ( w« = 0) for the UH-1A
shown in Table X where the following ranges are noted:

' 1.41 > £ > 1.00
0.00 > G > 0.23 r/R =0.40
0.26 > C,> 0.07
0.56 > C > 0.48
1.02 > C » 0.89 r/R = 0.85
1.34> G, > 1.20
0.77> (, > 0.6l
0.77 » C > 0.47 r/R =0.90
1.26 > (,> 0.91

Evidently, the division of circulation between the C,and (, distributions
in the quantity (Cr3C) varies strongly with radius. It is of interest to
compare these data with the two-dimensional data because this flight
condition should have the smallest unsteady effects.
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Th= basis for the comparison was equal normal force coeffi-
cients and equal Mach numbers. Test parameters given in Reference 10
were uced to generate the following estimates for the UH-1A hovering
condition:

at r/R = 0.40 M,» 0.30
C,®1.12
at r/R = 0.85 M.% 0.55
€, ~0.78
at r/R = 0.90 M, 0.58
C,~ 0.72

L

Section data curves in Reference 5 were entered with these values and
corresponding geometric angies of attack were found to be 12 degrees,
7.5 degrees,and 7 degrees for r/K = 0,40, 0,8%and 0, 90, respectively.
These values for £ and /M were used to obtain Glauert coefficients

by interpolation in Table VIII. The following comparison results:

UH-1A Rotor Data; x4 =0 0015 Section Data
1.41 > 50> 1.00 C-; % 1,23
r/R =0.40 0.00 > > 0.23 G~ 0.46 M, > 0.3
0.26 > C,» 0.07 C, » 0.117 o %12
0.56 7> 5;> 0,48 C; = 0,48
r/R =0.85  1.02 > C > 0.89 C ~ 1.00 M= 0.55
1.3¢ > G, > 1,20 C, = 1.30 «=7,5
0.77 > C, > 0,6l % 0.7
r/R =0.90  0.77 > § > 0.47 C = o. M,* 0.585
K - e
1.26 > G, 7 0.91 s 1.1 £ x7

The agreement between the Glauert coefficients for the two cases is
surprisingly good in view of the various estimates required to make this
particular corr arison, Of course, the finite span effects must have
influenced the results at r/R of 0.85 and 0.90. Nevertheless, the
behavior is apparently dominated by the Mach number and angle of attack
(the Reynolds numbers in the two cases for the two sets of data were in
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the range from one to about four million so that no large Reynolds
number effect would be expected). The tentat‘ve conclusion to be drawn
here is that for rotor stations inboard of 90 percent radius, most of the
viscous effects are similar to those encountered with two-dimensional
airfoils. There is required, however, an estimate of the angle of attack
for such usage of two-dimensional wind-tunnel data.
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SERIES REPRESENTATION OF THICKNESS EFFECTS

THEORETICAL VALUES

To find the pressure distribution due to the thickness of the
NACA 0012 and 0015 airfoils, it is necessary to ccasider the effect of 2
round nose and finite trailing edge angles. In Reference 6, it is shown
that the pressure due to the thickness of the airfoil i5 related to the
surface slope of the airfoil through the following two 2quations

i’_‘_ t 8_86 26
2

'9 . » .
d¢ =?C0t —?sm E’*’(‘T"T‘t‘-t)SLns"’ZBls‘nn& (17)
e

e = 2 —%sinz—éjnlf 8l 1,8, L

= = 2 an |- T(FE4t)+ (E-t)cos® (18)
+ZBnC°-‘“9]
ns2

where

the thickness function of the airfoil

Y@=/

leading edge radius

kS

t

©
1l

6, = trailing edge angle
Cp, = pressure coefficient
B, = unknown coefficient to be computed

For NACA four-digit wing sections, the thickness y is given by
{Reference 7)

£y = 5T [.zw;F -.rawc-.351ax‘+.28+3x’—.:msz*] (19)

where % , Y, and T are nondimensionalized by the chord 2b,and T =
maximum thickness, The leading edge radius is given by

o. = 1.1019T"

Differentiating Equation (19) with respect to X , one obtains
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d
y 5T [.14845

dx Lﬂ-‘

- 126 - .7032% + .8529 xa-.4oax’] (20)

The coefficient of 516 in Equation {17) is defined to be B, andis
given by

The remaining coefficients, B, , in Equation (17) are determined by
standard Fourier expansion techniques which depend on the orthogonality
of the sine (and cosine) functions to give

o
' = E— d'y t 8,6 '26 .
On ﬂ\/ov(z—i"—a—cx—a-r?*-sm ?)SLn)‘led@; nz2 (21)

Coefficient values presented below were obtained by numerical
integration of Equation (21) after substitution of Equation (20).

NACA 0012 MACA 0015
By | -0.0886 -0.1108
B, | =-0.0304 -0.0380
By | =-0.0080 -0.0113
B, | -0.0070 -0.0800
B, | -0.0070 -0.0088
Bg | -0.0047 ~0.0059
B, | -0.0040 -0.0050
Bg | -0.0023 -0.0050
By | -0.0010 -0, 0014
B1p 0 0

COMPARISON OF THEORETICAL AND EXPERIMENTAL RESULTS OF
THICKNESS EFFECTS

Calculated pressure coefficients, Cp, due to thickness are
compared with experimental results at zero angle of attack but with

different Mach numbers. Figures 3 and 4 show good agreement between
computed and experimental results.
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PROFILE DRAG ESTIMATES

THEORETICAL ANALYSIS

A method proposed by Helmbold (Reference 11) is used for
estimating profile drag. The profile drag coefficient for each surface of
the airfoil of chord length ¢ has the following form:

1 <.8

0.074 w 3F X
¢ - 222 [/(-—) d(Z)+ K -
2 RN’ . V, c 1 ( )
<
where
Cp = profile drag coefficient
Ry = Reynolds number based on chord and the
free-stream velocity
X; = pocition of boundary-layer transition from
laminar to turbulent flow
w = local tangential velocity at the outer edge of

the boundary layer

V, = free-stream velocity -
[/ @ S/ U, '

K, = 2.5 R ()" (3F)

8,

!
= boundary-layer momentum thickness at the
point of transition

Us = tangential velocity at the outer edge of the
boundary layer at the laminar-to-turbulent
transition point

The factor K, is determined by the condition that the laminar and tur-
bulent momentum thicknesses are equal at the point of transition. Hence,
K, is generally not the same on the upper and lower surfaces.

The velocity distribution at the outer edge of the boundary

layer is related to the pressure measurements through Bernoulli's
equations, i.e.,
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where C*, = measured pressure coefficients,

Equation (23) applies to both upper and lower surfaces of the
airfoil,

References 4 and 5 provide pressure measurements at both
upper and iower surfaces, but only pressure differentials are given in
References 8, 9,and {0, Therefore, the pressure coefficients on the
upper and lower surfaces, Cy, and Cp, respectively, are constructed
by adding the experimental tﬁxckness eifects to the experimental lifting
effects. Let

u* -
af- -
where
CP: = rneasured pressure coefficients due
to thickness {at zero angle of attack)
u, = velocity due to thickness

Then again using Bernoulli's equation for the upper and lower surfaces of
the airfoil, one obtains

C - JP“ - 'Pﬁ U U 2

= T T 1 -(f1 o S (25
Pu _; ?V, ( t V‘ + v, ) )
- ko U, 2
., = Lt e - -t .k
e eyt Uy (26)

and
(27)
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where

-py = pressure at upper surface
404 = pressure at lower surface
w, = velocity due to camber

For a given set of Cp, and &, , the velocity due to thickness
can be computed by Equation (24), while Equation (27) provides the value
of w, ., Then C,, and C,, can be found by substituting WU, and %, into
Equations (23) and (26), respectively. It should be noted that near the
stagnation point, the second order effect, namely,%t/y, x %¢/1,, has to
be included. Away from the stagnation point, *¢/y, is small to compare
with unity and Equation (27) reduces to a simpler form,

The position of the transition point X, , on the upper surface,
is assumed to be located at the point of minimum. pressure,while the
transition point on the lower surface is at the leading edge.

The boundary layer momentum thickness at the point of transi-
tion is given by Reference 11 (Equation 37 in Chapter 12):

% r Ze Ve
6B | _os  [TudV, .z
¢ R[“(lc‘)r 5 ] ‘ =8
) V’ ©

Equations (22) and (28) were integrated numerically by the
trapezoidal rule; results are plotted in Figures 19 through 23.

COMPARISON OF THEORETICAL AND EXPERIMENTAL RESULTS FOR
TWO-DIMENSIONAL CASES

The experimental data for the NACA 0012 airfoil section
presented in Reference 4 were obtained on a section of an H-34 blade,
and the drag was measured in two independent ways: (1) by means of a
force balance and (2) by means of an integration of a wake survey. These
results are indicated by the curves thrcugh the data points in Figures 20,
21, 22, and 23. One of the interesting aspects here is that the two methods
of measurement give quite different results. The percentage errors
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occurring at angles of attack greater than 4 degrees are exceptionally
high. In gereral, there 1s a tendency to believe that the wake survey
data 1s more representative of the two-dimensional airfoil thanis the
balance data. This situation occurs because the wake survey can be
made near the centerline of the tunnel and can be relatively characteristic
of the two-dimensional flow case; whereas, the balance data is influenced
by side-wall effects and by the usual difficulties of developing an adequate
drag balance. The calculated drag as a function of angle of attack and
Mach number was determined from the pressure distributions and was
based on the presumption of attached flow. Therefore, the calculated
variation cannot exhibit the large changes that occur with flow separation
at angle of attack near the stall angle, Nevertheless, it can be observed
that the calculation based on the measured pressure distribution agrees
well with the wake survey data up to the point of incipient stall,

The corresponding drag coefficients for the 0015 airfoil
calculated from Equation (22) are compared with the experimental results
from Reference 5 in Figure 24, The theory overpredicts the value of the
drag at the lower angles of attack up to the critical Mach number. At an
angle of attack of 8 degrees, however, the measured and theoretical
values have come into good agreement at Mach numbers below the critical
Mach number. The trend of these coetticients with angle of attack was
correctly estimated, Again, the theory did not account for separation
effects nor did it account for the occurrence of local shock waves.

ESTIMATES OF ROTOR PROFILE DRAG DISTRIBUTIONS

Since the drag calculation appeared to have merit, an effort
was made to estimate the rotor blade drag characteristics on the basis
of the measured pressure distribution., These results are summarized
in Figures 25 through 28. In Figure 25 there is presented the azimuthal
variation of the calculated drag coefficient for r/R = 0. 40, and advance
ratios of & = 0,18 and & = 0,29 for the H-34 (that is, 0012 air:o0il
section), The characteristics of the curves on Figure 25 are that the
drag coefficients remain relatively constant for 0 < ¥ < 180 degrees,
The primary difference between the two advance ratios was the large
increase experienced in the vicinity of ¥ = 270 degrees at the inboard
section ( r/R = 0.40) for the higher p case, On Figure2b there are
plotted the variations of drag coefficients at the two outboard stations,
r/R = 0.85and 0.90. The drag coefficients have about the same char-
acteristics as those noted at r/R = 0,40 except that the amplitudes of the
outboard variations are somewhat smaller.

The corresponding drag data for the UH-1A are shown in
Figures 27 and 28. The characteristics previously pointed out for the
H-34 data are also in evidence in the UH-~1A data. The levels for the
coefficients are very similar for the two rotors, and the variations with
advance ratio are also quite similar.
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CONCLUSIONS

Both flight measured rotor and two-dimensional wind-tunnel
differential pressure distributions of corresponding airfoil sections were
fitted by a Glauert series representation, and the individual terms of
the series were assessed for their physical significance. Inspection of
these data and corresponding theoretical results lead to the following
conclusions: o

l.  The theoretical result that the symmetric airfoils
require only one Glauert coefficient to represent
the pressure differential distribution is not sup-
ported by the experimental data for the NACA
0012 and 0015 since, for example, appreciable
camber terms were found.

2. The Glauert-coefficients representing two-
dimensional experimental data experience varia-
tions with Mach number and angle of attack which
ave not readily explainable., These variations may
involve an interaction between boundary layer and
compressibility phencmena.

3. Pressure distributions measured on rotors in
flight as well as measured on airfoils in wind
tunnels have strong similarities but also some
notable differences. Apparently, the viscous
and compressibility effects observed on two-
dimensional airfoils are largely carried over
when the same section is installed on the rotor blade.

4. The characteristic pressure differential components
deduced from UH-1A and H-34 flight data are
similar.

5. The magnitude of the higher Glauert components
evident in the rotor pressure distributions suggest
complex pitching moment variations and concomitant
control loads.

6. The pressure distribution analyses indicated that
unsteady effects tend to be concentrated at the
inboard stations of the blade cn the retreating
side of the disk. However, no attempt was made
to inspect results outboard of r/R = 0. 90,
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Rotor section drag estimates based on boundary
layer theory appear to be useful, at sections where
the flow does not separate. Rotor drag distributions
have never been measured, soO it is necessary to
rely on calculation procedures to obtain such
estimates analytically,
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~ . RECOMMENDATIONS

Based on the results of this study, it is recommended that:

1. Further attempts be made to extract additional
information from the available helicopter rotor
blade pressure distribution measurements,

! Finite span effects and Mach number effects

4 are among these.

Ak X e ey W =
.

i 2. An attempt be made to design an airfoil which,
E when operating in the regime of interest to
helicopter rotors, will introduce negligibly small

‘ control loads. Judicious introduction of geomsetric
3 camber is recommended. In particular, the cambver
- components of the Glauert series would furnish

required characteristics. It is believed that it would

be necessary to account for viscous effects in such a
3 design,

3. Attempts be made to relate stalled airfoil data in
which rate effects are present to the distributions
measured on the retreating side of the disk on
helicopter rotors.

4. Transonic airfoil sections be designed to operate in
an environment deduced from the available rotor

measurements made at high shaft speed and high
translational speeds,
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TABLE IV. FIRST THREE GLAUERT COEFFICIENTS, Ag, Aj, A,

OBTAINED FROM MEASURED PRESSURE DIFFERENTIALS
ON NACA 0012 AIRFOIL SECTION

R ES_._"

o

8 10 12 14 16

3
-+*=
o

0.30[Ag | .0185 | .0317 L0511 | .0741 | .0880 | .1109 | .1167 | .0169
A, | .0586 | .0863 L1008 | .1479 | .1570 | .1641 ] .1654 | .2618
Ay | L0423 ; .0762 L1771 L1438 | L1731 | .2008 ¢ .2128 | .0798

0.40 AO .0127 | .0301 .0508 | .0776 | .1012 | .073% | .0609 | .0388
A | .0384 | .0787 .0973 | .1360 | .1455 | 2117 | .2135 | .2312
X Ay | .ou32 | .0875 .1338 | .15U43 | ,1737 | .2201 | .1156 | ,0726

0.5014,| .CO85 | .026y .0385 | .0285 ;| .0480 | .0578 | .0372 | .034Y
Ay | .0u08 | .1089 L1542 | .233% | .2162 | .1923 | .2309 | .2395
Ay | .0486 | .1057 L6%3 | 02567 | L2412 | .145% | ,1138 | .0970

0.60]Aq | .0089 | .0157 .0279 | .0298 | ,0352 | .047¢ | .0uO8 | .0324
Ap| .0629 | .1u31 L1947 | .2313 | .2274 | ,2056 | .2102 | .2338
Ay | 0647 | .1462 .2101 ] .2490 | .1745 | .0979 | .0u84 | .0582

g 7

0.65{Ag | .0080 | .0206 .0255 § .0756 | .0310 | .O401 | .O433 | .0331
Ay to.0801 | .1339 2193 | .2314 | ,2268 | .2027 | .210¢ § .2881
Ay | .0824 | .1540 .2363 | .2014 | ,1853 | ,0696 | .0579 [ .1232

0.70] Ag | .0O54 | ,0116 .0172 | .0226 | .0239 | .0323 [ .0425 [ .03u6

Ay | .0968 | .1670 L1974 | ,2224 | ,2327 | L2120 | .1920 | .2830

Ap | L1031 | 1743 L2001 | L1715 | L1146 | L0615 | L1735 | 0774
0.75{ Ag [ .0027 | .00840 .0168

Ay | .o9u8 | .1372 . 2659

Ap | .0909 | .1024 . 1002

0.80 Aq | .0001 | .0039
A | .0878 | .1063
Ay | 0192 | L0315

%
b 39




TABLE ¥. FIRST THREE NONDIMENSIONAL GLAUERT COEFFICIENTS,
Ags» Ay, Ag, OBTAINED FROM MEASURED PRESSURE
DIFFERENTIALS ON NACA 0012 AIRFOIL SECTION
oo | B -
2 4 6 8 10 12 4 16
0.300Ag | .3156 | .4116 | .5037 | .5005 | .5552 | .57us | .5851 | .1lud
A | 1.3688 | 1.1768 | .9927 | .9991 | .8895 | .8504 | .8299 | 1.7712
K, | .9886 | 1.0393 | 1.1580 | .9711 | .9805 | 1.0406 | 1.0673 | .5408
0.40{ Ay | .3983 | .4331 | .s108 | .5329 | .s819 | 4114 | .3632 | .2613
&, | 1,203 | 11338 | L9784 | L9341 | .8363 | 1.1773 | 1.2736 | 1.497Y
Ay 1 1.3545 | 1.2599 | 1,355 | 1.0600 | .9984 | 1.2236 | .6900 ; .4704
0.50{Ag | .20z7 | .3325 | .3333 | .1961 | .3121 | .3751 | .7437 | .2230
A | rowwr | riasst | 1.3338 | 1.6079 | 1.3758 | 1.2499 | 1.5126 | 1.5541
Ay | 1.5786 | 1.3320 | 1.4300 | 1.7682 | 1.53ug | .9us3 | 7454 | .6290
0.60{, | .2200 | .1803 | .2228 | .2051 | .2415 | .3166 | .2797 | .2168
A, | v.5600 | 1.639% | 1.5545 | 1.5898 | 1.5169 | 1.3668 | 1.u406 | 1.5664
Ay | 1.6035 | 1.6756 | 1.6775 | 1.7116 | 1.1642 | .0508 | .3317 | .3902
0.65/Ay | .1656 | .2365 | .1886 | .1813 | .2146 | .2835 | ,2016 | ,1867
hy | 1.6687 | 1.5291 | 1.6228 | 1.6373 | 1.5707 | 1.4331 | 1.4168 | 1.6267
Ry} 1.7157 | 1.7582 | 1.7u88 | 1.4250 ; .9307 | .4919 | .3898 | .0956
0.70/Ay | L1010 | .1228 | .1482 | 0.1689 | .1703 | .23%7 | .3066 | .1963
Ky 11,7978 | 1.75u% | 1.7035 | 1.6623 | 1.6594 | 1.5327 | 1.3868 | 1.6074
Ry | voo1s2 | v.esic | 107357 | 1.2817 | L8172 | .usu8 | L1251 | .4399
0.75Aq | .0539 | .1091 1119
K, | 1.8923 | 1.7818 1.7761
Ay | 1.8137 | 1.3299 .6695
0.80|Ag | .0237 | .0679
Ky | 1.9953 | 1.8642
R, | .ouss | 5821
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TABLE ¥I. FIRST THREE GLAUERT COEFFICIENTS, AQ, Al, A2, OBTAIHED
FROM MEASURED PRESSURE DiFFERENTIALS ON NACA 0012 AlR-
FOIL SECTION WiTH TRAILING EDGE FLAP (THREE DEGREES
FLAP ANGLE)
A x
Hoo | Hi 5 2 4 8 8 10 12 | 1% 16
0.30|Ay | -.00u7 | .0080 | .0270 | .ouu5 | .0672 | .0884 | .ious | .1217 | .079u
o, | -.0072 | .0131 | .o5u4 | .0926 | .1199 | .1uze | .1s66 | .1535 | .1552
A, | -.0024 | .ows | .0808 [ .1237 | .iss0 | .isss | .2200 | .2226 | .0373
0.40[Ay | --005% | .0095 | .0268 | 0456 | .0693 | .0969 | 0859 | -0290 | .OWue
Ay | -.008u | 0214 | 0667 | .1053 | .1283 | .1334 | .1806 | .2045 | 2119
Ay | -.0071 | .ouss | .0922 | .13us | 1651 | .1803 | .2260 | .1272 | .06uu
0.50{ Ay | -.0076 | .0CBB | .0243 | .0367 | -0202 | -0452 | 0596 | 0371 | 0370
A | --0086 | .0292 | .0786 | .1380 | .2155 | .2208 | .1865 | .2210 | .20
A, | .0093 | .0525 | .1069 | .1630 | .2672 | .2556 | .1uus | .1185 | .ose
0.60[ A | ~-0058 | 0062 | 0136 | 024 | -0238 | -0380 | .0W45 | .0WIS | .0363
A | 0163 | o33 | 1131 | 1708 | 1976 | L2130 | L1972 | s1e12 | L23au
Ay | -.0008 | .0636 | .1383 | .2043 | .2196 | .1t67 | .1175 | .0579 | .0925
0.70{ Ay | --0061 | .0019 | -0080 | .0141 | .0209 | .0222 | 0271 | .03 | .0%01
a | 0200 | L0617 | .1w08 | .18ue | 2076 | .2192 | L2017 | L1976 | 2004
Ay | -.0021 | 088w | .1727 | 2151 | .1772 | 1385 | o721 | L0555 | 093y
0.80[ A, | --0065 | -.0001 | 0045
A | -oue0 | L0672 | L0932
A | 0365 | L0172 | .oess
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TABLE YII. FIRST THREE NONDIMENSIONAL GLAUERT COEFFICIENTS, Ag, A, Ay,
OBTAINED FROM MEASURED PRESSURE DIFFERENTIALS OK NACA 0012
AIRFOIL SECTION WITH TRAILING EDGE FLAP (THREE DEGREES FLAP

ANGLE)
- a?
A R 2 4 6 8 10 12 iy 16
0.3{Ay | .5672 | .5512 | .4e85 | .4900 | .5287 | .5630 | .5730 1 .6133 | .5057
K, | .8657 | .s97s | 1.0028 | 1.0199 | .9uz7 | .8suo | .8sul | .7734 | .9886
A, | .7888 | 2.8033 | 1.4505 | 1.3625 | 1.2263 | 1.1814 | 1.2081 | 1.1217 | .2375
0.4 | -6036 | .4717 | .4us6 | 4645 | .5198 | .5922 | .4876 | .1916 | .2965
Ay | 7929 | 1.0865 | 1.1088 | 1.0711 | 961 .8155 | 1.0205 | 1.6169 | 1.u071
R, | -.6750 | 2.2617 | 1.5314 | 1.3687 | 1.2368 | 1.1023 | 1.2088 | .8309 | .u4277
0.5[%y| .6965 | .3727 | .38t9 | .3593 | .2034 | .2910 | .3802 | .2508 [ .2525
X, | 6069 | 1.2547 | 1.2362 | 1.281% | 1.5733 | 1.1180 | 1.2196 | 1.4874 | 1.4950
R, | --8500 | 2.2522 | 1.6810 | 1.5133 | 1.8778 | 1.6u52 | .ouse | .e028 | .5899
0.6[a, | 9153 | 2227 | .1935 | 2286 | 1677 | .21 | .0311 | .30%8 .2azj
R, | V.vesu | 1.85u6 | 1.6131 | 1.5508 | 1.6646 | 1.6172 | 1.3782 | 1.3905 | 1.535
T,| 053 | 2.2830 | 1.972) | 1.8563 | 1.u208 | 132 | 822 | 4207 | 6086
0.7|k,| -3759 | 0579 | .T0is [ 7329 | 190 | .168% | .2115 | .2600 | .1769
Ry | '.2083 | 1.8k4) | 1.7968 | 1.7341 | 1.6120 | 1.6632 | 1.5770 | 1.4801 | 1.646)
Ay 1314 ) 2987 | 2.20u6 | 2.0228 | 1.7919 | 1.6507 | .5638 | .4153 | .5485
0.8/ Xy | 2196 | -.0378 | .0882
k) | 1.5608 | 2.0756 | 1.8236
K, [-1.2369 | .5305 | .9l07
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Figure 1. AIRFOIL CHORD POSITION REPRESENTATION IN
CARTESIAK AND POLAR COORDINATES.
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Figure 2. COORDINATES FOR AIRFOIL WITH A FLAP.
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(REFERENCE 4) WITH THEORETICAL RESULTS AT MACH NUMBERS
0.3 AND 0.4 TO ILLUSTRATE THICKNESS EFFECTS.
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Figure 4. COMPARISON OF EXPERIMENTAL PRESSURE DISTRIBUTIONS
(REFERENCE 4) WITH THEORETICAL RESULTS AT MACH NUMBERS
0.5 AND 0.6 TO ILLUSTRATE THICKNESS EFFECTS.
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FIGURE 6. EFFECTS OF NUMBER, n, OF GLAUERT COEFFICIENTS ON THE DIF-
FERENCE BETWEEN COMPUTED AND MEASURED PRESSURES FOR UH-1A
FLIGHT DATA AT u =0, r/R = 0.85. AND ¢ = O,
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WITH FLIGHT DATA FOR H-34 AT u = 0,18, r/R = 0.90.
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FOR NACA 0015 AIRFOIL SECTION AT MACH NUMBERS 0.3 TO 0.88.
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APPENDIX 1
LEAST-SQUARE POLYNOMIAL APPROXIMATION

If a function {(X) approximated by the form
n
fay = {jwai ¢, (x) (29)

is to hold over a set of N+! points X,, X, ,.----,%X,,, , where Nzn,

a4 = unknown constants, and ¢ (X) = known functmn of X , and the sum
weighted square error is to be a minimum

N n 2 .
L wot) [{(1,-)-[, ay 9,(2)| = minimum (30)

ix0 fso

where wH(X,) = weighting function at X: , ( wWHMX;) =1 for all + if all
the data are of equal significance), then the normal equations require that

3 N n 2
a_a,,. L w) [{(z,;) -L a, ¢£<x,-_)] =0,

4 %0 £20

=0

?

n
L oay g (x)

or Zwm)gb(x)[{cz-) *
10

L30

[ S |

(31)

or a[w(t)¢<1)¢a>+a2wa>¢<z>¢(7c )+ -

A =0
a, Zw<7é)¢(x>¢<x) -Zw(x)gbcx){(x,

%0

(r"o,l,a."‘)n)
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Equation (31) is @ set of n+1 linear algebraic equations for n+1

unknowns (i.e., 4, , &, , «+:-- y Gy ).

Suppose WHX) = 1, fZ)= O p(B) with X=- % cosO, N+1 =

total number of pressure measurements, and

n & n .
Z a—*¢£<‘l) A ’lot-a—+Z Ag sin £6
% =0 #a1

Then Equation (31) is reduced to

n N N
pA [Z,,‘?’r@"d’ﬁ&’] oy, = [ ¢,®)f®:) , (r=0,1,2,-
$:o A 4 n=1t
or
EDNC- A v ]
A £ A & -
Zcot-z— cot = 'ant?st_----.Z.:catfsmn&&.
4 =0 ATO et
4 . [ _ Vo .
z sm@cotf Zsmq. sinG; .-l sin 6. sinn 8,
4 =0 £*0 <20
T & N : vy '
ZstthotE-‘- L sin26, sin8.--- - J sin26. sinnG;
£%0 Lo Lo
[} ! |
t
: ’ :
N . 8. N . ' , v !
E‘-:m no coe —* Z:ﬁosmntszsmt%----Zsinn% sin no.
L L d L0

A TO
N
Z stn 6. (8.}
= N
L sin 26 £(8.)
40 .
1
I
I ]
L sinn8f&)
PAR d
17

» )

(32)



It should be noticed that all the pressure differentials ( N+1
pressure taps) are used to provide n+ 1 Glauert coefficients ( A, through
A, ) with n« N , Equation (32) can be solved by the standard sub-
routine of the solution of the N linear simultaneous algebraic equations,
Once the A;°s are calculated, quantities like

1] &4 i N * ]
bp(6:) = R, cot S* ,ci':'/::ﬂ sin®@ . =01, N, Dp-Ap,

Ap'-a Fopiap?
TR/ .

can be ohtained as the output of the program,
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